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We report the first comprehensive study of large amplitude Langmuir waves in a plasma of nanometer-
scale clusters. Using an oblique angle single-shot frequency domain holography diagnostic, the shape
of these wakefields is captured for the first time. The wavefronts are observed to curve backwards,
in contrast to the forwards curvature of wakefields in uniform plasma. Due to the expansion of the clusters,
the first wakefield period is longer than those trailing it. The features of the data are well described by fully
relativistic two-dimensional particle-in-cell simulations and by a quasianalytic solution for a one-
dimensional, nonlinear wakefield in a cluster plasma.
DOI: 10.1103/PhysRevAccelBeams.22.113501
I. INTRODUCTION
The frequency of electrons oscillating in a uniform
plasma was first derived by Langmuir and Tonks in
1929 [1] and the behavior of Langmuir waves (also known
as electron plasma waves) has been extensively studied
[2–6]. Two widely studied applications of these waves are
the beam-driven [7–13] and laser-driven [14–16] plasma
accelerator, the latter using a high-power laser pulse
propagating through a plasma to create longitudinal electric
fields of up to 100 GVm−1 that accelerate charged particles.
The duration of the laser pulse is typically shorter than
the period associated with the plasma wavelength,
λp ¼ 2πvp=ωp, where vp ≈ c is the phase velocity of the
plasma wave, and ωp ¼ ðne2=meϵ0Þ1=2 is the plasma
frequency (here, n is the electron number density, e is
the elementary charge, me is the electron mass, and ϵ0
is the permittivity of free space). Fulfilling this condition,
an efficient acceleration regime, the regime, was found
computationally [17]. This was followed by the gener-
ation of well-populated, high-quality beams of electrons
[18–20] and subsequently the generation of quasimonoe-
nergetic GeV electron bunches [21]. Since then, many
experiments have been conducted pushing the frontiers
of laser wakefield acceleration to higher energies and
better quality beams [22–27]. Applications of accelerated
particle beams are ubiquitous in the natural sciences and
medicine [28–30].
Wakefields can also be used to accelerate electrons in a
nonuniform, clustered plasma using gases such as argon
[31–33] or methane [34]. A plasma cluster is an accumu-
lation of ionized atoms which were formerly held together
by van der Waals forces. The electrons are attracted to the
positively charged ion clusters, changing the optical proper-
ties both locally and globally within the plasma. A laser
propagating through a medium containing clusters is able
to access the “cluster mode” which allows it to propagate in
a plasma of critically overdense clusters at group velocities
higher than in a uniform, nonclustered plasma [35] of same
average density. The evolution of clusters irradiated by
an intense laser pulse and the dependence of the laser pulse
propagation on the expansion of the clusters have been
investigated [31,36–42].
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In this article, experimental data obtained from a
single-shot, oblique-angle frequency-domain holography
diagnostic [43] is presented, showing for the first time
how the shape and wavelength of a wakefield are changed
in the presence of clusters. These findings are supported
by 2D particle-in-cell simulations which show that the
wakefield wavelength decreases with increasing distance
behind the drive pulse, in agreement with the experimental
data. Controlling the plasma wavelength could potentially
help to increase the dephasing length [15], which is one
of the major limiting factors of wakefield accelerators.
It is also observed for the first time that the wavefronts
are curved backwards, in contrast to those in a uniform
plasma. This article is structured as follows. Section II
presents experimental observations from our single-shot
frequency-domain holography diagnostic. Section III
presents results of a one-dimensional model of nonlinear
wakefields in a plasma with strong density perturbations.
Section IV presents the results of two-dimensional
moving-window particle-in-cell simulations supporting
the observations made in the previous sections. This is
followed by a discussion.
II. EXPERIMENTAL DATA
The experimental investigation of wakefields in a cluster
plasma was conducted at the ASTRA high-power laser
facility [44]; a schematic of the experiment is shown in
Fig. 1. In this experiment a plasma wakefield is generated
using a laser pulse with a laser wavelength of 800 nm,
energy of 480 mJ, FWHM duration of 45 fs, spot size
diameter of 29 μm (FWHM) and peak intensity of
1.1 × 1018 Wcm−2 ð15%Þ which gives a normalized
laser amplitude, a0, of 0.72 where a0 ≡ 8.55 × 10−10
ðIλ2½Wcm−2 μm2Þ1=2 (here, I is the intensity in Wcm−2
and λ is the laser wavelength in μm). The cluster plasma
was created in a 3 mm wide gas jet which ejected methane
with a backing pressure of 7–14 bar into vacuum. At these
backing pressures, the conditions for clusterization of
methane [45,46] are fulfilled. The electron density was
measured using a 550 fs interferometry probe beam
aligned perpendicular to the driving pulse. A 10 ps delay
was set between the driving and interferometer pulses to
allow the electrons to homogenize.
In order to measure the shape of the wakefield a
frequency-domain holography diagnostic was used [43],
for which two positively chirped 400 nm, 1 mJ, 550 fs
pulses (probe and reference) propagate at an oblique angle
of 8° with respect to the drive pulse (Fig. 1). The reference
pulse was 1.5 ps ahead of the probe and also ahead of the
ionization front, thus avoiding any phase shift. The probe
and reference pulses were magnified by a factor of
55 (10%), imaged at the focal plane and measured using
a spectrometer [raw data is shown in Fig. 2(a)]. From this,
the phase shift imprinted onto the probe pulse by the
density perturbations within the wakefield was recovered.
Due to the linear frequency chirp of the probe pulse,
the measured laser wavelength directly maps to the
delay behind the drive pulse. This mapping has been
applied to the axes in Figs. 2(a) and 2(b). Interference of
the reference and probe pulses leads to fringes in the
combined spectrum. This setup is similar to a frequency-
domain streak camera [47] but measures the phase across
the x-y-plane (using the axes defined in Fig. 1) instead of
the x-z-plane of the probe pulse. Hence, it gives a snapshot
of the wakefield rather than the temporal evolution of
the structure.
The phase shift was obtained using a method ([48,49])
based on a reconstruction algorithm which incorporates
data from two spectrograms [Figs. 2(a1) and 2(a2)]. The
Fourier transform was taken and the peak corresponding to
the fringes in the spectrogram isolated. The results of a shot
in which gas was used [Fig. 2(a1)] are then divided by the
results of a reference shot in which no gas was used
[Fig. 2(a2)]. In the latter case the reference pulse obtained
no phase shift which makes it possible to reduce phase
shift signals that are caused by the diagnostic rather than
the laser-plasma interaction and to prevent errors arising
FIG. 1. Schematic of the experimental set-up, including a
single-shot oblique-angle frequency domain holography diag-
nostic and a transverse optical probe. The drive laser pulse (red) is
incident from left to right and excites a large amplitude Langmuir
wave (grey). The density variations imprint a phase shift onto the
probe pulse (blue) which crosses at an angle of 8°. The lower
panels show results from the transverse interferometry measure-
ment. The left panel shows the ionization front of the propagating
laser and the fringes from which the phase shift is calculated. The
right panel shows the phase shift obtained from analysing the area
indicated by the red rectangle in the left panel. The plasma
density was obtained from this phase shift.
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from manually shifting the peak in the analysis. The
obtained results in Fig. 2(b) show a wakefield structure
that differs from that typically seen in a uniform plasma
case as the wavefronts are curved backwards with respect to
the direction of laser propagation—in a uniform plasma,
the wakefield’s wavefront curves forwards. Figure 2(c)
shows the plasma wavelengths of the wakefield measured
by the frequency domain holography diagnostic as a
function of the average plasma density. The wavelength
of each wake was measured on-axis as the distance between
successive phase shift minima. The observation of an
increased first and second plasma wavelength (with respect
to the theoretically predicted uniform plasma value) was
reproducible over a range of averaged plasma density. The
third wakefield wavelength coincides with the theoretical
value 2πc=ωp where ωp is calculated using the average
electron density. Whereas the third wakefield wavelength
seems to scale with density as expected, the first wakefield
wavelength does not seem to depend on this parameter in
the same way.
III. QUASIANALYTIC 1D MODEL
Nonlinear, quasianalytic models for wakefield creation
in one dimension [50,51] use the quasistatic approxima-
tion [52,53] ∂=∂τ ¼ 0 assuming that quantities change
slowly in the comoving frame of reference. In a cluster
plasma, the quasi static approximation is no longer valid
as the density may fluctuate strongly with respect to the
co-moving variables ξ ¼ x − vgt (spatial coordinate mov-
ing at the laser group velocity vg) and τ ¼ t (time). Instead
of obtaining an analytical expression from integrating the
continuity equation ∂n=∂τ ¼ 0 ¼ ∂=∂ξ½nðvg − vxÞ, one
can proceed by numerically solving the coupled system
of Ampere’s law ∂E=∂t ¼ −jx=ϵ0, Poisson equation∂E=∂x ¼ −ρ=ϵ0 and the equation of motion in the
copropagating frame of reference ∂=∂τðγvx=cÞ ¼ ∂=
∂ξ½Φ˜ − γð1 − ðvgvxÞ=c2Þ. Here, n is the electron density,
vx is the longitudinal electron velocity, jx is the corre-
sponding current, E is the electric field, ϵ0 is the vacuum
permittivity, ρ is the charge density, γ is the Lorentz factor,
c is the speed of light in vacuum, and Φ˜ is the normalized
electrostatic potential. Combining Ampere’s law and the
Poisson equation yields
ϵ0
en0c
∂E
∂t ¼

ni
n0
−
ϵ0
en0
∂E
∂x

βx; ð1Þ
where ni is the ion density, and βx is the normalized
velocity vx=c. Changing frame of reference yields
1
c
ϵ0
en0
∂
∂τE ¼

ni
n0
−
ϵ0
en0
∂E
∂ξ

βx þ
ϵ0
en0
∂
∂ξ ðβgEÞ: ð2Þ
Normalizing the equations in the comoving frame, one
finds
FIG. 2. (a) Spectrum of the image of the wakefield formed by
the probe and reference pulses from which the phase shift across
the x-y-plane was recovered. The drive pulse propagates to the
right. The x-axis was mapped from laser wavelength to time
(upper x-axis) using calibration data. This was multiplied by the
approximated group velocity of the laser to convert to space
(lower x-axis). The y-axis has an estimated systematic error of
10% due to the uncertainty of the magnification. (b) Processed
data showing the unwrapped phase indicating the structure of
the wakefield in a cluster plasma. Close-up of the area indicated
by the red dashed rectangle in (a). (c) Measurement of the first
(green), second (red), and third (blue) wakefield wavelengths as a
function of the average plasma electron density measured by the
transverse interferometry. The plot shows data from 30 separate
laser shots. The black line shows the theoretical plasma wave-
length for a uniform plasma. The data points were measured
on-axis as the distance between successive minimum phase shifts.
The error bars were obtained from the measurements for the
calibration of the conversion parameter between pixel on CCD
and time, b ¼ ð1.81 0.12Þ pix=fs.
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∂
∂τ˜ E˜ ¼

ni
n0
−
∂E˜
∂ξ˜

βx þ
∂
∂ξ˜ ðβgE˜Þ ð3Þ
as well as
∂
∂ τ˜ ðp˜xÞ ¼ −E˜ −
∂
∂ξ˜ ðγ − p˜xβgÞ; ð4Þ
where E˜ ¼ eE=ðmcωpÞ ¼ ωpϵ0E=ðen0cÞ, p˜x ¼ px=mc,
∂=∂ τ˜ ¼ 1=ωp∂=∂τ, and ∂=∂ξ˜ ¼ c=ωp∂=∂ξ. Using a
weighted essentially nonoscillatory (WENO) scheme
[54], the system of coupled partial differential equations
[Eqs. (3) and (4)] is solved numerically. AWENO scheme
is able to deal with sharp gradients and is, hence, more
suitable for the treatment of a cluster plasma than typical
PDE solver routines. As this is a fluid model, it is not
possible to treat a case in which the background density
n0 ¼ 0 (i.e., clusters in vacuum) so a low background
density (n0 ¼ 0.001 × ncrit) was used into which the high-
density clusters (ncl ¼ 1.5 × ncrit) are injected. To model
the effect of cluster expansion in the longitundinal
direction, the electron distribution was analyzed from
2D PIC simulations (see Sec. IV) for different cluster
parameters. The simulations show that the cluster expan-
sion scales with the maximum cluster density. This is
expected since the Coulomb expansion force Fc ∝ ne=
ncl × r=2 scales with electron density which is applicable
if large amounts of charge are displaced at the same time
by the Lorentz force. This will be further discussed in
Sec. IV.
Figure 3 shows the one-dimensional results of the
WENO scheme of both uniform (upper panel) and cluster
(lower panel) plasma. This quasianalytic model shows that
wakefields formed in a plasma of (artificially) expanding
clusters have a longer wavelength at the front which then
shortens toward the uniform plasma limits when the
clusters have expanded more strongly. The plasma wave-
length of 25.3 μm corresponding to the background
density n0 is normalized to 2πc=ωp in the upper panel
and, hence, equals 1 as expected. The uniform result
which acts as a reference reproduces known results of
nonlinear wakefields well [50,51]. The lower panel is
normalized to the same plasma wavelength as the upper
panel. However, the average density is hnei ¼ 0.0081 ×
ncrit which would lead to a plasma wavelength of 8.9 μm
in a uniform plasma. The measured wavelengths in the
simulation obtained from filtering the longitudinal
electric field using a Gaussian smoothing kernel with
standard deviation of 250 cells (corresponding to
2.21 μm—a distance on the order of the cluster separa-
tion) are 19.7 μm, 10.1 μm, 8.6 μm and 8.5 μm. The fact
that the last two wavelengths are slightly shorter than the
theoretical, uniform value of 8.9 μm may be due to the
filtering process. In the uniform plasma case the electron
density coincides with the charge density. In the case of
a strongly fluctuating electron density in the vicinity of
sharp ion density perturbations the electron density may
differ strongly from the charge density. Therefore, the
wakefield cannot immediately be seen in a plot of the
electron density. The coupled equations were solved
on a grid of 10 000 cells. The shape of the cluster was
a super-Gaussian of form exp ð−ðx=rÞ6Þ rather than a
step function to avoid instabilities and the associated
FWHM cluster radius r was 70.8 nm. Both the average
density and the cluster radius were chosen to be higher
than the predicted experimental values since the nature
of the one dimensional geometry makes it necessary to
occupy the space with more clusters per wavelength in
order to have a relevant impact on the uniform back-
ground density.
FIG. 3. Results of the 1D model of a wakefield in a co-moving
frame showing the difference in wavelength of the smoothed
longitudinal electric field Ex for two different cases. The top
panel shows a reference solution for a wakefield in a uniform
plasma of background density n0 ¼ 0.001 × ncrit and the ξ-axis
is normalized to ωpðn0Þ=c. The bottom panel shows a plasma of
background density n0 ¼ 0.001 × ncrit, in which clusters of
density 1.5 × ncrit are injected from the right boundary. They
artificially expand according to the expansion function rexp. The
average density is nav ¼ 0.0081 × ncrit leading to a predicted
plasma wavelength of 8.9 μm. The electric field was smoothed
using a Gaussian smoothing kernel.
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IV. 2D PARTICLE-IN-CELL SIMULATIONS
In order to verify the observations from the oblique-
angle frequency-domain holography diagnostic, we con-
ducted 2D particle-in-cell moving-window simulations
using the fully relativistic code OSIRIS [55]. Estimates
for the cluster radius and cluster peak density were taken
from the literature [56]. The empirically derived Hagena
parameter describing the abundance of clusters at given gas
and nozzle parameters was evaluated for typical conditions
in [57].
Converting from dimensionless OSIRIS units to physical
units using a fundamental laser wavelength of 800 nm, the
clusters initialized at the boundary had a circular shape,
radius of ∼12.7 nm, electron and ion temperatures of 10 eV
and densities of 1.5ncrit ¼ 2.61 × 1021 cm−3 where ncrit ¼
ω20meϵ0=e
2 is the critical density of plasma for the drive
pulse frequency ω0. The averaged electron density in the
simulation box was 0.004 ncrit, corresponding to 6.97 ×
1018 cm−3 which lies within the range of plasma density
measured in the experiment. The normalized laser ampli-
tude a0 was set to be 0.72 and the laser had linear
p-polarization with a Gaussian (longitudinal and trans-
verse) shape. The FWHM duration of the pulse was varied
and the transverse FWHM was kept constant at 32 μm.
For this simulation, 160 cells per laser wavelength (corre-
sponding to 14 000 × 12 000 cells) were used, and there
were 16 × 16 electron macro-particles per cell and 4 × 4
ion macroparticles per cell. The particle boundaries were
absorbing and the longitudinal (transverse) field boundaries
were of type “open” (“Lindman” [58]). The simulation time
step was 16.6 as and all figures shown were taken at the
last simulation time step corresponding to 0.42 ps of
propagation through the plasma.
Figure 4 shows the results obtained from the 2D,
moving-window simulations. Two equivalent simulations
using a laser duration of 45 fs are compared, one using a
cluster plasma [panels (a), (b), (c), and (e)] and one using a
uniform plasma distribution [panels (d) and (f)] of the same
average density. In the top panel, the initially over-dense
clusters (injected from the right-hand boundary of the
simulation box) start expanding as soon as the laser
encounters them. Detailed analysis of these density patterns
reveals that the electrons oscillate around the positively
charged ion clusters to form dipolelike structures synchron-
ized with the laser field (see Fig. 5). The electron motion is
directly linked to the laser pulse electric field. Within one
half-oscillation of field strength the majority of electrons
are located on one side of the ion cluster. Due to the
significant amount of time the electrons spend outside of an
ion cluster and within an electron plume, the repulsive
Coulomb force creates a momentum distribution which
prevents some electrons from returning directly to the ion
cluster. Hence, the repulsive Coulomb force between
electrons outside of the cluster starts to increase the density
FIG. 4. Results of the 2D moving-window particle-in-cell
simulations where the laser pulse propagates toward the right-
hand side of the window. Panel (a) shows the electron density
and the laser intensity in a cluster plasma. Panel (b) shows
perturbations in the charge density. Panel (c) shows the longitudinal
electric field in propagation direction of the wakefield in a cluster
plasma. Panel (d) shows an equivalent simulation for a uniform
plasma. Panel (e) shows the transverse electric field in a
cluster plasma. Panel (f) shows an equivalent simulation for a
uniform plasma. The laser duration for both simulations was 45 fs.
The average electron density was 6.97 × 1018 cm−3.
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of electrons that are not oscillating about the ion cluster.
As an electron is expelled further away from its associated
cluster, it begins to be affected by electrostatic forces
attracting it to other, neighboring ion clusters. Thus, the
effect of the electrostatic potential confining an electron to
the vicinity of any given cluster is reduced. As this density
of dissociated electrons continues to increase behind the
laser pulse to the left (see Fig. 5), the plasma frequency
increases accordingly. This causes the plasma wavelength
to decrease until all clusters have homogenized, at which
time it matches that of a uniform plasma of the same
average density.
Panel (b) of Fig. 4 shows the perturbations in the
charge density driven by a laser pulse in a cluster plasma
and panels (c) and (d) show the longitudinal electric field
for cluster and uniform plasma respectively. The results
have been smoothed using a two-dimensional Gaussian
smoothing kernel with standard deviation of 350 cells
(corresponding to 1.75 μm) to average the quickly vary-
ing fields around the clusters. The wakefield shape shows
behavior similar to that observed in the experimental data
[Fig. 4(b)]. The wavefronts curve backwards and the first
plasma wavelength is larger than those trailing it. In
contrast to these results, the bottom panel in Fig. 4 (again,
smoothed over 1.75 μm) shows that the wavefronts curve
slightly in the opposite direction in a uniform plasma,
as expected due to the relativistic mass increase on axis.
The vertical lines marking the boundaries between
complete oscillations of the plasma wave make it possible
to compare the wakefield wavelengths for the different
cases. The theoretical (uniform plasma) value for the
Langmuir wavelength [15] in a simulation using a density
of 6.97 × 1018 cm−3 is calculated to be 12.6 μm. While
the plasma wavelength in the uniform plasma case is very
FIG. 5. Close-up of the charge density of expanding clusters from a 2D moving-window particle-in-cell simulation. Ion clusters are
plotted in red, electrons in blue. The circular clusters were initialised with density of 1.5 × ncr and radius of 12.7 nm. The laser pulse is
centered outside of the depicted area at 17 μm.
FIG. 6. Results of 2D PIC simulations for different laser amplitudes. The longitudinal electric field is plotted for (a) a0 ¼ 0.9,
(b) a0 ¼ 0.72, and (c) a0 ¼ 0.5. The field is smoothed over 350 cells. The laser pulse is centered at 17 μm.
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close to the theoretical value (namely 14.9 μm, 12.5 μm,
12.5 μm), the presence of clusters leads to an increase in
plasma wavelength for the first and second wakefield
structure (20.1 μm, 13.3 μm). It is worth noting that
the cluster plasma wakefield wavelengths in Fig. 4 are
measured to be shorter than the experimentally observed
ones (approximately 23 μm and 17 μm) at corresponding
density. The reason for this difference between simulation
and experiment may be linked to the unknown cluster
conditions in the experiment.
Panels (e) and (f) show the transverse electric field, using
the same smoothing kernel as before. In the simulation, the
laser is polarized in the plane depicted in panels (e) and (f).
Since its field strength’s magnitude is greater than that of
the electric fields caused by the wakefield, it had to be
separated. The laser field was subtracted by taking the
Fourier transform and deleting the high-frequency laser
oscillations. Depicted is the inverse Fourier transform. This
process is equivalent to the use of a low-pass filter with a
cut-off frequency of ωco < ω0.
In order to understand the curvature of the wakefield
structure additional two-dimensional PIC simulations were
performed with a reduced number of grid-points in the
y-direction. In these simulations the normalized laser
amplitude was varied from 0.5 to 0.9. Figure 6 shows that
a laser of higher intensity leads to shorter wavelengths. For
a0 ¼ 0.9 the laser periods were 16.5 μm and 11.6 μm, for
a0 ¼ 0.72 the laser periods were 17.6 μm and 14.3 μm,
and for a0 ¼ 0.5 the laser periods were 18.2 μm and
16.2 μm. This effect can be related to the quicker cluster
expansion and hence an increased free (not associated with
the cluster bulk motion and subject of the cluster polari-
zation effect) electron density behind the laser pulse. The
plasma wavelength scales as n−1=2. The simulation used
12 000 × 1000 cells, a timestep of 11.9 as, 32 × 32 (2 × 2)
electron (ion) macro-particles per cell, a transversally plane
wave with a longitudinal Gaussian profile with a FWHM
duration of 45 fs. The longitudinal (transversal) boundary
conditions for the electric field were of type “Lindman”
(periodic). It is likely that the plasma wavelengths are
shorter compared to the full width simulations due to the
use of periodic boundary conditions for the electromagnetic
fields.
The relation between varying laser amplitude and wake-
field wavelength (or cluster expansion) can be linked to the
curvature as follows. In a Gaussian laser pulse the intensity
transversely drops off from the peak value on the symmetry
axis. If the decrease in laser amplitude in y-direction is
continuous rather than stepwise (as in Fig. 6) the increase in
wavelength is also continuous resulting in a wakefield
shape that is bent backwards.
In order to quantify the effect cluster parameter
uncertainties have on the cluster expansion and, hence,
on the wakefield creation, four further simulations were
FIG. 7. Results of a 2D moving-window particle-in-cell simulation showing the electron charge density for varying initial cluster
parameters. Each subplot shows the cluster expansion toward the left after the clusters encounter the plane wave laser pulse
[indicated in (a)] as well as a horizontal lineout averaged over 50 cells in the center. The initial cluster parameters are
(a) ncl=ncr ¼ 1.5, r ¼ 6.4 nm, (b) ncl=ncr ¼ 0.7, r ¼ 12.7 nm, (c) ncl=ncr ¼ 1.5, r ¼ 12.7 nm, and (d) ncl=ncr ¼ 0.7, r ¼ 6.4 nm.
The FWHM of the laser pulse duration used in the simulation (45 fs) is indicated by the white double-arrow. The laser pulse is
centered at 17 μm. The boundary conditions in the y-direction are chosen to be periodic. The normalized laser amplitude for all
simulations was a0 ¼ 0.72.
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performed (Fig. 7) in which the cluster parameters were
varied as follows:
Simulation parameters
Simulation Cluster radius (nm) Cluster density (/ncr)
(a) 6.4 1.5
(b) 12.7 0.7
(c) 12.7 1.5
(d) 6.4 0.7
Very different expansion patterns are observed from
the simulations, indicating that the wakefield properties
depend on those cluster parameters that can be tuned using
different gas jet backing pressures or laser pre-pulses
which would increase the cluster expansion before inter-
action with the drive pulse. It can be seen that for large,
underdense clusters [Fig. 7(b)] the disintegration of the
clusters is slower. This can be linked to the lower electron
density outside of the ion cluster which leads to a smaller
intracluster Coulomb force separating the electrons.
Therefore, the amount of electrons involved in the wake-
field creation process through the ponderomotive push is
smaller. Hence, by tuning the cluster parameters one
should be able to control wakefield properties such as
curvature giving control over dephasing length and
emittance. However, a quantitave investigation of the
exact relation of this process is beyond the scope of this
paper.
V. DISCUSSION
It has been shown theoretically using a two-dimensional
calculation of the dispersion relation of electrostatic waves
[59] that the abundance of clusters in a background gas
leads to an expansion of the plasma wavelength and that
this effect scales with the cluster radius and the clusteriza-
tion fraction. The model predicts that the plasma wave-
length will increase as cluster radii increase, and as a larger
fraction of the plasma particles are localized in clusters.
This theory supports the findings, even though it has to be
pointed out that the two-dimensional particle-in-cell sim-
ulations were initialised without background gas. However,
due to the quick disintegration of the overcritical clusters
into low-density electron clouds it can be assumed that
the described effect of cluster polarization still plays a role
in increasing the plasma wavelength. Once clusters have
disintegrated completely the polarization effect will cease
to exist. The primary contribution to variations in plasma
wavelength is attributed to the increasing “free” electron
density—electrons still bound to clusters will restrict
electrostatic effects to the vicinity of the cluster, so as
more electrons dissociate from their clusters more truly
collective behavior is able to manifest. The one-dimensional
model of Sec. III shows that the contribution of an extreme
density perturbation has a lower impact on the wakefield
wavelength than the same charge density spread over a
larger area.
The dephasing length over which electrons can be
accelerated can be written as Ld ¼ ðλp × vgÞ=
½2 × ðc − vgÞ, where vg is the group velocity of the laser.
If the length of the accelerating structure (i.e., the wakefield
wavelength) can be expanded using clusters, this could, in
addition to the increase of the group velocity in the cluster
mode mentioned above, extend the dephasing length.
Even though no electrons were injected into the wake-
field in the data presented in this paper, a qualitative
estimate of the preservation of the electron beam emittance
can be estimated. Keeping the emittance minimal requires
that the electron beam waist needs to be smaller than the
radial extent of the focusing fields. Looking at the extent
of the transverse (focusing) fields depicted in Figs. 4(e)
and 4(f) one can see that this holds for typical electron
beam diameters in both cases. Furthermore, the transverse
electric fields in the cluster plasma case and the uniform
plasma case need to be of the same magnitude in order to
lead to comparable emittance. This holds in the regime we
are investigating. In addition, there has to be a region in
which accelerating (longitudinal fields) overlap with focus-
ing (transverse) fields. As can be seen from Fig. 4 this
region exists for both cases, in uniform and cluster plasma.
However, this focusing and accelerating bucket is getting
smaller in subsequent wakes in the cluster case. Hence, we
predict a change in emittance for injected electrons between
different buckets. While the emittance should be preserved
in both cases for the first wakes, the emittance of trapped
electrons in later wakes will worsen in the cluster case.
VI. CONCLUSION AND OUTLOOK
In summary, the first study of the structure of Langmuir
waves driven by a high-power laser pulse in a cluster
plasma including experimental observation as well as
simulations has been presented. The measurements from
our oblique-angle frequency-domain holography diagnos-
tic and simulations show that the wavefronts curve back-
wards, in contrast to the behavior observed in uniform
plasma. Furthermore, these show that the wakefield wave-
length behind the laser pulse is larger than in a uniform
plasma but converges toward the uniform plasma value.
This tunability of wavelengths using clusters has potential
applications in overcoming the dephasing length in future
laser-generated wakefield accelerators.
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